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8 M. MOREIRA. A, OBLOMKOV, A. OKOUNKOV, AND R. PANDHARIPANDE
subject to the natural relations

) = Ar(y),
n(y+9) = n(y)+n(¥)

. . PIEY * The subhaleehra X+ X  of akationarvy deccondente ie
for A € Q and 7,5 € H*(X). The subalgebra D3 = D¢, of stationary descendents is
generated by

We will use Getzler’s renormalization a, of the Gromov-Witten dcsccudcutﬂ

(7) 2 = ), o) e Y L iy

n=>() (1 + :Cl)n (“l n<( (1 + ZC])TI

n=-—ua
o
i ™ W, =22
zu o4 e A
S(7)
where we use standard notation for a Pochhammer symbol
I'(a+n)

(8)a= ['(a)
For cxampl(ﬂ
® () = )+ [ 7
TOY = MY 21 L YCa

(9) n(y) = ?02(7’)—01(7"-'1)-

(s k-1 k
= (%) moe

For the special cases k = —1 and k = —2, we have

T_1(y) = (”‘-)_2“—1(":’) + (”‘-)_3“—2((’1 “Y):

5We use 1 for the square root of —1. The genus variable u will usually occur together with 2.
r( . . 9
“The constant term ,l‘ S\, ~ea in the formula does not contribute unless v € H=(X).
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0.6. Stationary GW/PT correspondence. We define the subalgebras
X s X4 X+

Dew. © Dgw and Dy, < Doy
by requiring the descendent indices for the generators to be non-negative: D&, is gener-
ated by

{ 7:(7Y) |l >0,7e H¥(X)}

and DX is generated by
{r(v)|i=0,7ye H*(X)}.
The stationary GW /PT transformation is the linear map

o mX+ X+
< 'DPT Tr m’cw

satisfving
¢1)=1

and defined on monomials by

¢ (chkl (m)-. .chkm("x‘m)) = Z
where the operations €° are

of XX 1 (m')_l amallz(':’ ' Cl)
(1) € (chesa() TR + wgil L

(“l')_z Oy Oy ("!’ g ff) (z.'u.)_"’
k! Z Aut(p) % (k—1)! Z

+

|| =k—2 |ul=k—3

o ~ (1u)™! x i) "2 .
(12) € (Aa)ehies() =~ ranen) - fproneaa(r )
1) ~? a,a,
- %— Z max(max(ky, ko), max(py + 1, py + 1))%(7‘7’ 1),

2| =k1 +k2—2

of X A5 "o " L S k o
(13) € (G2 s2(r) = S Ela s, W= b+ o+ ks

above, the parts of p are positive integers,
k, k=0,

11 equatlons

and all ocurrences of a; and a_; are set to 0 except in certain cases for lower values of
k and k; which are described bclowﬂ Because of the stationary assumption, all higher
€? operations vanish. We will reintroduce these formulas in Sections [3] and 5] at the first
instance of their application.

3The corrections for the lower vaules are consistent with the rule ag =0, a_;/(—=1)! = —u’7_5.






